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Jim Stevenson

This is a bit of a challenging problem from the 2026 Math

4 ‘? Calendar ([1]).
) f (t )dt T e Let f be a continuous real-valued function on the reals. For

all ¢, (21) = 3 f(t) and [,' f(r) dt = 1. What is the value of [,* f(z) dt ?

Again, the result must be a number of a day in a month.

Solution
First [ F@ndi=3[ =3
’ 0 0
But making the substitution s = 2¢ so ds = 2dt, we have
1 12 12
jo f@ode=- jo fls)ds == jo F(t)dt
implies
[ radi=6

Therefore,

[[r@di=6-[ rar=5

Again, set s = 2t and ds = 2dt. Then

[ " Fbydt :% j: F(s)ds =% j: f(0)dt

But
[ rendr=3[" radr=15
So
j:f(z)dz ~2.15=30
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